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Abstract

In this report, we use Multilayer Perceptron via Stochastic Gradient Descent with
momentum to optimize our model on Fashion MINST dataset. Also, to achieve a
better performance, Lo-Regularization and different activations are tried. Finally,
we achieved 88.08% accuracy on the test set with one 50-unit hidden layer.

1 Introduction

Multilayer Perceptron (MLP) is a deep neural network that can be used for image classification.
Different from single layer perceptron, MLP have hidden layers between input layer and output
layer, which involves more parameters for feature representation. On the other hand, however,
similar to single layer perceptron, Stochastic Gradient Descent (SGD) is usually applied to optimize
the objective function and update parameters. It is also common to use momentum to accelerate the
convergence of SGD. Moreover, to better generalize the model, Lo-regularization term is considered
as a penalty term to reduce the the strength of parameters and to avoid overfitting.

2 Background

Classic image classification methods include Support Vector Machine (SVM) [3], Decision Tree [4],
MLP-based networks and CNNs [5]. Since large ImageNet [6] challenge came out, deep learning
algorithms have been placed in a dominant position.

However, optimization and overfitting are still two concerns for deep learning. To accelerate conver-
gence, many optimizers are proposed, e.g. SGD with momentum [7], Rmsprop [7], Adam [8]. To
get rid of overfitting, regularization is a common approach to mitigate the complexity of the model.

3 Methods

3.1 Three-layer Network

We start from a Three-layer network, that is an MLP consisting of an input layer, a hidden layer and
an output layer. Suppose the dimensionality of the output is K, of the hidden layer is J and of the
input is 7, the weight matrix from the hidden layer to the output layer is Wo € R®*7 and the weight
matrix from the input layer to the hidden layer is W; € R/*Z, as well as bias vectors b; € R’ and
by € RE, the input X € RI*N the targets T € RX*N where N is the number of inputs. The
forward propagation is

A =W X +by1T e R7XN (1)



H, = Activation(4,) € R7*N 2
Ay = WyoH| + byl T € REXN 3)
Y = softmax(A4,) € REXN €]

where Activation(), softmax() are element-wise functions, 1 is a vector with all ones. We can rewrite
the backward update rules in matrix/vector notation as follow:

Wy =W +a(T - Y)H, ©)

by =by +a(T - Y)1 (6)

Wy =W +aW, (T —Y) ® Activation’(4;) X " (7)
b; = by + oW, (T —Y) ® Activation’(A;)1 (8)

where © is element-wise multiplication and 1,, is the matrix full of 1.

3.2 SGD with momentum

To accelerate the convergence of optimization, momentum is added. The update can be written as

Vi1 = M0 + Geg1, &)

W1 = Wi — QU415 (10)
where w, v, g, p denotes the parameters, velocity, gradients and momentum respectively. Usually
the velocity v is initialized at zero. By involving momentum, the parameter vector will build up in
any direction that has consistent gradient [2].

3.3 Ly-Regularization

With L,-Regularization, our objective function can be written as:
JW) =By W)+ A [Wil3, (11)

where W is the weight matrix, and A is a scalar to control the strength of penalty term. Then our
goal becomes minimize Eq. [IT] By taking the derivative of Eq. [IT] we know that the only thing
different from Eq. [7]and Eq. [3]is that we have an additional term w.r.t the Lo norm, thus we have:

Wa =Wy +a((T = Y)H] —22W3) (12)

Wy = Wi + a(W, (T —Y) ® Activation’ (A1) X T — 2AI7) (13)
for update.

4 Experiments

4.1 Setup

The hidden layer consists of 50 units and this is applied to Section [4.2] -Section f.5] The ac-
tivation function is tanh() in Section and Section The parameters are initialized with
np.random.randn (num_-in, num_out)*sqgrt (2.0/num_in) as [1] suggests. The batch
size is 256, the model is trained for 100 epochs. The optimizer is SGD with momentum 0.9. Early
stop criteria with threshold, 5 epochs, is used. Also, to achieve a stable and accurate optimal loca-
tion, the learning rate « is initialized and is divided by 10 every 20 epochs after the 60-th epoch.

For Fasion MINST Dataset, we first shuffled and then split 10,000 images out of 60,000 images as
our validation set. The validation loss is based on validation set.
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Figure 1: Loss (left) and accuracy (right) during training procedure.

4.2 Gradient Check with Numerical Approximation

To ensure the correctness of the gradient computing in our code, we computed the slope with respect
to one weight using the numerical approximation:

d _Bw+e) - E(w—e)

dw B(w) ~ 2¢
As shown in Tabel 1, we have obtained two input to hidden weights, two hidden to output weights,
one hidden bias and one output bias by performing our gradient-checking code, compared with
the corresponding gradient results obtained by backpropagation. We used 10 examples, one from
each category, as our checking dataset, and took ¢ = 0.01. From the table, we can tell that the
difference of the gradients obtained by these two ways is within big-O of €2, that is, 10~%. Thus,
our backpropagation is correct.

(14)

Table 1: Gradient checking results of € = 0.01

Parameters Numerical Approximation A c w Backpropagation dw The Difference: |[A.w — dw|
input_hidden_weight_1 -0.7946979106260299 -0.7946977316365482 ~1.8x 1077
input_hidden_weight 2 0.04437860331552024 0.04437847015382271 ~1.3x1077
hidden_output_weight_1 -0.6083407776086291 -0.6083363651794743 ~4.4x 1076
hidden_output_weight_2 0.8439508755225811 0.8439512430038645 ~3.6x 107

hidden_bias -0.8617042853686918 -0.8616297615414158 ~7.5%x107°

output_bias 0.9734169711589358 0.9734794226098672 ~ 6.3 x107°

4.3 Experiment with Vanilla Three-layer MLP

We report our loss and accuracy curves under the learning rate « = 0.01, which achieves the best
performance on the test set. The final accuracy is 87.81%. From Figure |1, we can see that the
training loss drops dramatically at the beginning, and then decreases slowly. However, after the 60-
th epoch, when the learning rate is decreased, the training loss decreases again and converges. This
indicates that the model is trapped at sub-optimal point when « is big. Fortunately, as the learning
rate decreases, the model gets convergent after the 60-th epoch. From validation loss and accuracy,
we can see that the model is slightly overfitting.

4.4 Experiment with Regularization

We trained the model with Ly penalty term and used A € {0.001,0.0001} to control the penalty
strength. The loss and accuracy curves are shown in Figure 2| and Figure [3| The final test set for
A = 0.001 is 87.41% and for A\ = 0.0001 is 87.62%.

As we can see from Figure [2]and Figure [3] both the curves are nearly the same. The reason for this
is a) with appropriate « and initialization, the model is convergent completely, and b) with small A,



the strength of regularization is trivial. This can also be explained by the test accuracy, since it does
not vary much compared to Section[4.3](87.81%).
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Figure 2: Loss (left) and accuracy (right) during training procedure while A = 0.001.
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Figure 3: Loss (left) and accuracy (right) during training procedure while A = 0.0001.

4.5 Experiment with Activations

Experiment with Sigmoid. By our experiment, the best learning rate for Sigmoid function is o =
0.1. We report loss and accuracy curves in Figure ] The final test accuracy is 87.89%, which is
slightly better than tanh. Compared to tanh function, the training loss achieves lower value, while the
validation loss is nearly the same. From Figure ] Sigmoid function causes more serious overfitting
than tanh function under the best learning rate.
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Figure 4: Loss (left) and accuracy (right) during training procedure with Sigmoid.



Experiment with ReLU. By our experiment, the best learning rate for ReLU activation function is
a = 0.01. We report loss and accuracy curves in Figure 5] The final test accuracy is 87.78%,
which is slightly worse than other activation functions. Both training loses and validation loses are
higher than using sigmoid, while is similar to tanh.
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Figure 5: Loss (left) and accuracy (right) during training procedure with ReLU.

From our experiments, we found that by using the sigmoid activation function, the network con-
verges slower but is able to achieve higher accuracy with larger learning rate. ReLU and tanh make
the network converge faster but the drawback is easily overshooting.

4.6 Experiment with Network Topology

Experiment with doubling the number of hidden units. By our experiment, doubling the number
of hidden units improves the performance. We report loss and accuracy curves in Figure [6| The
final test accuracy is 88.08 %, which is slightly better than the vanilla network. Although they are
converging in a nearly same rate, more parameters allow the network to be trained on more epoches
without suffering from overfitting.
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Figure 6: Loss (left) and accuracy (right) of the network with 100 hidden units.

Experiment with two hidden layers. By our experiment, adding more hidden layers also improves
the performance. We report loss and accuracy curves in Figure The final test accuracy is
88.04 %, which is slightly better than the vanilla network. In this experiment, we have two hidden
layers with each has 47 hidden units, which makes the total number of parameters approximately
equal to the vanilla network. By observing the lose and accuracy curves, more hidden layers allows
the network converge faster and to a lower lose and higher accuracy.



Lose vs. number of epoch Accuracy vs. number of epoch

08 —— training lose —— training accuracy
validation lose validation accuracy

07 0.90
06

05

Cross-Entropy loss

04 0.80

03

0.75
0z

) 0 0 &0 a0 100 0 0 0 &0 a0 100
Epoch Epoch

Figure 7: Loss (left) and accuracy (right) of the network with two hidden layers.

5 Contributions

Yongchuang Huang finished the code for data preprossing, layer class, activation class and gradient
check. He also wrote Section[4.2] for this report.

Yiran Xu finished the part of SGD optimizer (including momentum) and L,-Regularization. He also
wrote Abstract, Introduction, Backgroud, Methods, Section #.3]and Section 4.4]in this report.

Jingpei Lu finished the experiments and report of different activation functions and network topol-

ogy.
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